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Let us consider a plane algebraic curve (K) of order 4 possessing a single three-
fold point A. Let us suppose that this quartic (K) is situated in a complex projective
plane S,. There exist three types of such point-singularities.

(a) Ais an ordinary triple point, i.e. A is the centre of three distinct linear places
with different tangents.

(b) Ais a centre of one quadratic place and one linear place with different tangents.

(c) Ais a three-fold cusp, i.e. Ais a centre of just one place of degree three.

By a suitable choice of a coordinate frame in the plane S, and by a simple analysis
of places with the centre A and according to the Hessian of the curve (K) we
establish the divisor of the inflection points to be of order 6 in the case (a), of order 4
in the case (b) and of order 2 in the case (c). As an illustration we will carry out
the analysis of the case (b) to which our paper is devoted.

Let the coordinate frame (Ay, A,, A,, E) in S, be chosen so that A, = A, AjA,
is the tangent of the quadratic place and AyA, is the tangent of the linear place
with common centre A. Then the curve (K) is determined by the form

K(xo, X3, X3) = x1X3%o + u(xy, x2), 1
where
u(x,, x;) = (ax? + pxix, + yxixd + 6x;x3 + ex3), 2)
o #0, e # 0.

The places P, (the quadratic place), P, (the linear place) with the centre A have
the following analytic expressions (parametrisations):

P,Zfo=1, P22f6=1,
X, =t Xy =2 + ..),
X =13(m + ...), X, =1 3
m#0,m*+oa=0, m =0,m +¢e#0.
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By a mechanical counting we obtain for the Hessian H of the form K
H(xo, Xy, X3) = 6x3[xox,x3 + (=8ax} — 2Bx}x, + pxixd + ox,x3 — 2ex})].

It follows from (4) and (3) that H(%,, %;, %,) = 540®t'* + members of degree
= 15, hence the order Og (H) of the place P; on the form H equals 14;

H(%g, X, X;) = —18e® + members of degree = 7, hence Op,(H) = 6.
Now from (1), (2) and (4) we get
H(x,, X1, X3) + 12x2K(xo, X, X,) = 18x,x29(x,, x,, X,), (%)
where
8(xo, Xy, X3) = XoX3 + (—2ax] + yxix] + 6x3), (6)

which implices that the inflection-point divisor | of the curve (K) is on (K) cut out
by the cubic form 9. Using (3) and (6) we may easily find that the form 9 determines
the divisor

6P, + 2P, + 1
on (K).

It is a natural question whether the divisor | may be determined by a linear
form I (c.f. [1]—[6]) on the curve (K). But in this case the line (I) must be a component
of the cubic (9) and consequently (I) must contain the unique singular point A
of (9). Hence (/) intersects (K) into a divisor of order at least 7, which is a con-
tradiction.

We have proved the following

Theorem. Let (K) be a plane quartic possessing a single triple point A which is
a centre of one quadratic place P, and of one linear place P, with different tangents.
Then the divisor | of inflection points of (K) is of order 4 and there exisis a cubic
form § determining the divisor 6P, + 2P, + | on (K) but there doesn’t exist any
line (I) intersecting (K) into divisor .

Remark: The first polar of the point A, is the form K, = 0dK/dx,. By the method
described in [5] pg. 115—117 we find that our quartic (K) is of classes m = 6
(for the case (a) “in generally*‘), m = 4 (for the case (c)).
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INFLEXNI BODY NEKTERYCH TYPU KVARTIK
S JEDNIM TROJNASOBNYM BODEM

Souhrn

V ¢&lanku se vySettuje divizor | inflexnich bodi kvartiky s trojndsobnym bodem, ktery je stfedem
jedné kvadratické a jedné linedrni vétve o riiznych tendch. Divizor inflexnich bodl uvaZované
kvartiky ma fad 4. Je dokdzano, Ze | neni nikdy urden linedrni formou, av§ak divizor 6P, + 2P, +
+ 1, kde Py je kvadratickd a P, linedrni vétev se stfedem v trojndsobném bodé& kvartiky, je uréen
formou kubickou.

TOYHKN NEPETUBA HEKOTOPOTO THUIIA
AJITEBPAMYECKON KPUBON 4-0T0 NOPAJTKA
OBJIATAIOMEN OQHOW TPEXKPATHO TOYKON

Peziome

B craTbe paccmarpuBaeTcst AuBU30D | Tovek mepernba anrebpamdeckoit kpusoi (K) 4-ro mopsaxa
C OJHOM TPEXKpPaTHOM TOYKOM A sBIIsIOmECS IICHTPOM OIHON KBaZPATHYHOU M OFHOU NMHEHHOM
BETBHM C Pa3jMYHBIMM KacaTenbHeiMu. | mMeer mopsamok 4. O muBumsope | mokaspiBaercss, YTO OH
HHMKOrHa HeoGpasyer momHoe nepeceuenme ¢ kpuBoii (K), Ho Bcerma cymecrsyer ¢opma 3-ro mo-
pAAKa ONpeelsAIomas Ha Hamei kpuBoi mususop 6Py + 2P, + | (3gece P, u P, o3mauator mo oue-
PEOM KBAAPATUYHYIO M JIAHEHHYIO BETB C LIEHTPOM B TOuke A).
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