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0NE FOLKLORISTIC LEMMA ON CARDlNAL REFLECTIONS IN UNIF 

Pelant J. 

Let ( X , '2L.) hft a uniforrn Apacé. Let � be s cardi

nal numbex·. l.1::t .( Uca., la. c A � A --= K , be s 'lL -cover 

or X • Dencte · by V : .( V /Ir 1 _. c 9 some '1.L -cover which 

star-retines ,( U"- 1. For :,.. EX • denote S(�)• <a.la,6:Al 

8t .t. ( �, V ) c:: ll "' J • f'or Y t:. l , denot e 1( Y) = t Q, r a- s. A &. 

&. Y r:. U4) • A ma pping Jf, : X_. A such thet "Ci>C) E S C.>C l

tbr each � � X 1s called a choice mapping. 

Lemma: There is a 9L -eover .( Cca, 14,cA which atal'

refines -t U.c:a. la. c A and is re:fined by V it and on� 1t

the followtns assertiona hold& 

therf!' extst a choice aapping " and a partition. 

t 84,Jca. •A · ot B such tbrJt 

A c u v
_..
)= u ,r. < v,,.> c fl 1 < v

_.. 
l = 1 c u v., > . 

he B,a. . ..,.« e.. •• •• !ree„ 

Proof: The nec�ssity of the condition ia ohvioua. Con

verse.cy, if a· cholce mapping JI; .and a partitic,n ,( B„I ca.cA 
of 8 from Lemma exia t, then we define -( e„ t

a.
• A tQ' 

C_ = U V11 - /Ir e Ba, llT 

Applica tion: 

• 

) "ac.< t
i 

l Aasume tbat .1.. " ťt>r afl7 at c K • Eaeh tL -co-
ver .( ll

a 
t
a 

e A , eGIIA. 4 .e: I\ • 1a etar-re:fined by a 'lL -eover 
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(See ( 1).) 

..... Consider .( V
ir 

1
a, e e, :-S i ll

ci, 
t Q. • A • Define

by 1t. ( .x ) : ,rrúm. -t a, I .r.,:t C .x, -\ V .e, ;� e 8 ) c: U. a, l ;

we mgy assume that A is an ordinnl. For a., e A and J c 

c a. , define B ( a,. J ) • -( Jb, Í is the minimal number o-r A

auch tMt b:t ( V.e,.
,-t V

a, 
+

»-
c & l c U.q, 

& I ( V11,) f'\ Q, = 'J J •

The asaumption implie� thet CtVUl -4 (a,, J) \ J c a..E' A 1= oaul A.

It tollowe from the definition of Jt.. end B (a., J) that 

X, (Vn_} c:. :>v-ta, I for sny lr E S (Q..., J) , hence fl 1 ( V
.,g.

> ::> 
IV .lt-& e,(4,J) 

::, j u.( a., J:, U JI l V
.t,,

) and Lemma applies. 
'1-E8CQ.,,> 

2) ( X, 1L) is a uniforrn space 1 { U
4

J4�A caJC.d- A < K

is e 'U. -cover. Let -t W c !c e C • W be a 6' -pointwiae fi-

ni te QL -cover, tha t ref1nea .( Uc::a. I a.• A • Then there ia 

See [2]. 

which reflnes storwise { Ua.lo.E A 

Chaose any mapping �: C _,. A such that 
00 

. By assumpt1.ons, C =..,,Y" C
'"' 

and each collec-

tion .\ Wo I c:. I'. cl\'I, l 

� .( V4- (e,- e & � W 

is pointwiee :fini te. Consider V = 

• Aesume that C 1s a well-ordered 

set, take C
"" 

wi th the 1nduced ordering. Define x.: X_. A

by Jt. ( � ) = 'i- ( c ) where c e C is the mini mal element ot

C.í s.uch that ,:.i, (.,c, -4. V Jr J) c Wc. and there 1s not 

eny point with this p-operty being an element of C
"'-

for 

At < 1i,. As W 1a pointwiee :f'ini tet and V t:; W, Je. (V_. ) 
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is fi111. te for any b • & • For O c t,lfl ( A ) d�rtne 8:, ..

;{iJe&IJLCV
_.

).JJ. As e.Md..�{Al • CGAd.A and 

U � ( v
'b'

) • J C r'\ I ( v,., t Lema111t applles.
ar,&• . .trcl\

a-
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- -
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. Added in prnot& In Appl tcatlnn 1 t. 1t K • ._+ ,then lt 

·1a enough ta allJ)poae · 1 ft, � tel' all {& tt:. ot . 


