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Summary of the paper
6~algebra generated by analytic sets and

applications

by K.Kuratowski 1)

Definitions. 1. Given a Polish space X , the family of

all analytic (called also "Souslin") subsets of X is deno-

ted S(X) , or briefly S .
6-algebra generated by S is denoted § .
X—Y is called S-measurable, whene-

2o The
3. A mapping f :
ver

£71(k)e§ for each K closed in Y .

4, The graph of f : X—Y 1is denoted

Gr(f) = {<x,y>:y = f(x)} .

5. The graph of the relation y eF(x) , where F is a

closed set-valued mapping F : X—>2Y s 1s denoted
G(F) = {<x,y>: yeF(x)} R

6e A mapping F : X— 2Y is called upper=-Souslin, if

{x : P(x)nK £ ¢} is Souslin whenever K is closed.

Theorems. 1o If £ ¢+ X—Y is S-measurable, then

Gr(f)eS(XxY) .

1) A large part of the results contained in this paper appe-

ared in [1] .
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2, Let P:X—2Y . Then

G(F). is Souslin = ‘P is upper Souslin.

3. If £ 3+ Y—X 1is contimious onto, then the inverse
mapping =1, x-—»aY is upper-Souslin,

4., Under the assumption of Theorem 3, the mapping
F(x) = £71(x) admits an S-measurable selector,

Namely, by Theorem 3 and the Kuratowski - Ryll-meidzewb
ski Theorem [2], the mapping 71 x—>2¥ admite an S-mea-
surable selector g : X-—Y , which means that fog =1,

Corollary (comp. v.Neumann [3]). Por real-valued
mappings, the assumptions of Theorem 3 imply the existence
of a Lebesgue-measurable g : X-—Y such that f[g(xj] =X o

For,analytic sets composed of reals are Lebesgue measu-

rable.

' Bibliography

i; K.KuratOWski, The c-Algebra Generated by Souslin Sets

. and its Applications to Set-Valued Iappings and to _
‘Selector Problems. Bolletino Unione Mat.Ital. 11(1975),
285-~298, o _ _

2, = and C.Ryll-Nardzewskl, A general theerem on selectors,
Bull.Aced.Polon.Sci. Sér.Sci.Math.Astronom.Phys. 13(1965),
PPe397-403. ,

3. Je.von Neumann, On rings of operators, Ann.of Math., 50
(1949), pp. 401-485.



		webmaster@dml.cz
	2012-09-21T08:33:09+0200
	CZ
	DML-CZ attests to the accuracy and integrity of this document




